
Electronic Journal of Mathematical Analysis and Applications
Vol. 12(2) July 2024, No.6.
ISSN: 2090-729X (online)
ISSN: 3009-6731(print)
http://ejmaa.journals.ekb.eg/

BEST PROXIMITY FOR TWO PAIRS OF MAPPINGS IN

MULTIPLICATIVE METRIC SPACE

THOKCHOM CHHATRAJIT SINGH

Abstract. One of the research gaps in the study of best proximity for two
pairs of mappings in multiplicative metric spaces may lie in the exploration
of its applications in specic elds such as computer science or biology, where
understanding the behavior of mappings is critical for modeling and analysis.

Emphasizing the signicance of proximity in multiplicative metric spaces, the
investigation seeks to unveil insights into the behavior and interaction of map-
pings, thereby oering valuable contributions to the broader eld of mathe-
matical analysis. Through rigorous theoretical analysis and computational ex-
perimentation, the study endeavors to provide actionable insights and method-
ologies for optimizing proximity in multiplicative metric spaces, thereby ad-
vancing the theoretical foundations and practical applications within this spe-

cialized domain. Many issues in many elds, including dierential equations,
optimisation, and computer science, may be modelled by xed-point equations
of the type fx = x. In this work, two pairs of proximally commuting map-

pings in a complete multiplicative metric space are given the idea of optimal
proximity. An example is also given to support the results.

1. Introduction

Fixed-point theory’s signicance as a technique for solving nonlinear equations is the
reason for its growing popularity. A lot of issues may be expressed as fx = x nonlinear
equations, where f is a self-mapping. However, there may not always be a solution to
this kind of problem if f is a non-self mapping. Researchers experimented with several
strategies in this instance, establishing an approximative solution that was the point x
that was closest to fx in the metric sense. More universal than the xed point, this
approximation point was thought to be the ideal proximity point. It is observed that so-
lution x is optimum in the sense that there is least distance between fx and x. Recently,
graph theory has been coupled with the best proximity point and xed-point theories.
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Jachymski [8] carried out the rst initiative. He examined metric spaces with a graph-
like structure as a region where the xed-point theory of mappings of the contractive
type preserves the symmetry constraint. The underlying idea behind his work is that,
in certain pairs of locations connected by graph edges, the xed point need only be met.
Numerous elds, including computer science and engineering, use xed point and best-
proximity-point theory on metric spaces with graphs. In actuality, complicated neural
network stability analysis is done using xed-point theory. Researcher attention is drawn
to the value of multiplicative calculus and its applications by Bashirov, Kurpnar, and
Ozyapc [2], particularly to those in the department of analysis. In this particular kind
of calculus, multiplication and division take the roles of addition and subtraction. Refer
to Baohirov, Kurpnar, and Ozyapc’s research article [2] and the references therein for
more information on multiplicative derivatives, multiplicative integrals, and multiplica-
tive spaces. The topological features of multiplicative metric spaces are examined by
Ozavsar and Cevike [7] in order to further the study of multiplicative calculus. They
established several xed point theorems in full multiplicative metric space, which laid the
foundation for the idea of multiplicative contraction mapping. Please see [7, 12,13,17,20]
for further ndings on multiplicative metric space. ( [3–5, 7, 9–11, 15, 16, 18, 19, 21] and
references therein) has applications for multiplicative calculus. Ky Fan [6] proposed the
best-proximity-point idea. Inspired by the signicance of xed-point theory and its ap-
plications, particularly in conjunction with graph theory, we concentrate in this work on
the optimal proximity point theorems on a partial metric space equipped with a graph
that goes beyond xed points. The measure between two nodes, x and y, such that x = y
is not zero, makes the partial metric very helpful in real-world work. One may see this
work as a theoretical foundation for applying to actual instances. Understanding the
best proximity for two pairs of mappings in multiplicative metric spaces holds signicant
theoretical and practical importance. The determination of optimal proximity measures
facilitates a deeper comprehension of the behavior and relationships between functions,
aiding in mathematical analysis and optimization problems. Moreover, such knowledge
can enhance modeling techniques in various applied sciences, including physics, engineer-
ing, and economics, where the accurate representation of mappings is crucial for predicting
behaviors and designing eective interventions. Investigating this topic thus contributes to
advancing both theoretical understanding and practical applications across diverse elds.

In this work, we establish a number of distinct common xed point theorems for two
sets of mapping pairs that commute proximally in a complete multiplicative metric space.
To bolster the ndings, an example is also provided.

We recall some basic denitions and related results on the topic in the literature.

Dnition 1.1. [2] Let X be a non-empty set. A multiplicative metric is a mapping

d : X ×X → R+

satisfying the following conditions:

(1) d(u, v) ≥ 1 for all u, v ∈ X and d(u, v) = 1 if and only if u = v;
(2) d(u, v) = d(v, u) for all u, v ∈ X
(3) d(u, v) ≤ d(u,w).d(w, v) for all u, v, w ∈ X (multiplicative triangle inequality).

Exampl 1.1. [2] Let Rn
+ be the collection of all n-tuples of positive real numbers. let

d∗ : Rn
+ ×Rn

+ → R be dened as follows:

d∗(u, v) =


u1

v1


∗
.


u2

v2


∗
. . .


un

vn


∗
.

where u = (u1, . . . , un), v = (v1, . . . , vn) ∈ Rn
+ and  . : R+ → R+ is dened as follows:

b∗ =


b, ifb ≥ 1;
1
b
, ifb < 1.
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Then d∗ is a multiplicative metric on Rn
+.

The following notations and results are given by Ozavsar and Cevike [7].

Dnition 1.2. [7] Let (X, d) be a multiplicative metric space, x ∈ X and ε > 1. Dene
the following set:

Bε := y ∈ X : d(x, y) < ε,
which is called the multiplicative open ball of radius ε with center x.
Similarly, one can dene the multiplicative closed ball as follows:

B̄ε := y ∈ X : d(x, y) ≤ ε.
Dnition 1.3. [7] Let (X, d) be a multiplicative metric space, xn be sequence in X
and x ∈ X. If, for any multiplicative open ball Bε, there exists a natural number N such
that, for all n ≥ N , xn ∈ Bε, then the sequence xn is said to be multiplicative convergent
to the point x, which is denoted by

xn → x as n → ∞.

Lmma 1.1. [7] Let (X, d) be a multiplicative metric space, xn be sequence in X and
x ∈ X. Then xn → x as n → ∞ if and only if d(xn, x) → 1 as n → ∞.

Lmma 1.2. [7] Let (X, d) be a multiplicative metric space and xn be sequence in
X. If the sequence xn is multiplicative convergent, then the multiplicative limit point is
unique.

Dnition 1.4. [7] Let (X, d) be a multiplicative metric space and xn be sequence in
X. The sequence xn is called a multiplicative Cauchy sequence if for all ε > 1, there
exists N0 ∈ N such that d(xm, xn) < ε for all m,n ≥ N0.

Lmma 1.3. [7] Let (X, d) be a multiplicative metric space and xn be sequence in X.
Then xn is a multiplicative Cauchy sequence if and only if

d(xn, xm) → 1 as m, n → ∞.

Thorm 1.1. [7] Let (X, d) be a multiplicative metric space. Let xn and yn be two
sequences in X such that xn → x ∈ X, yn →∈ X as n → ∞. Then

d(xn, yn) → (x, y) as n → ∞.

Dnition 1.5. [7] Let (X, d) be a multiplicative metric space and A ⊂ X. Then we call
x ∈ A a multiplicative interior point of A if there exists an ε > 1 such that Bεx ⊂ A. The
collections of all interior points of A is called multiplicative interior of A and denoted by
int(A).

Dnition 1.6. [7] Let (X, d) be a multiplicative metric space and A ⊂ X. If every
point of A is a multiplicative interior point of A, i,e, A = int(A), then A is called a
multiplicative open set.

Dnition 1.7. [7] Let (X, d) be a multiplicative metric space. A subset S ⊂ X is called
multiplicative closed in (X, d) if S contains all of its multiplicative limit points.

Proposition 1.1. [7] Let (X, d) be a multiplicative metric space. A subset S ⊂ X is called
multiplicative closed in (X, d) if and only if X\S, the complement of S, is multiplicative
open.

Thorm 1.2. [7] Let (X, d) be a multiplicative metric space and S ⊂ X. Then the
set S is multiplicative closed if and only if multiplicative convergent sequence in S has a
multiplicative limit point that belongs to S.

Thorm 1.3. [7] Let (X, d) be a multiplicative metric space and S ⊂ X. Then the set
S is complete if and only if S is multiplicative closed.
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Thorm 1.4. [7] Let (X, dX) and (Y, dY ) be two multiplicative metric spaces, f : X → Y
be a mapping and xn be any sequence in X. Then f is multiplicative continuous at the
point x ∈ X if and only if f(xn) → f(x) as n → ∞ for every sequence xn with xn → x
as n → ∞.

Dnition 1.8. [7] Let (X, d) be a multiplicative metric space. A mapping f : X → X
is called a multiplicative contraction, if there exists a real constant α ∈ [0, 1) such that

d(f(u1), f(u2)) ≤ d(u1, u2)
α

for all u, v ∈ X.

For a given non-empty subsets A and B of a complete multiplicative metric space
(X, d), the following notions are used through out this section:

d(A,B) = infd(u, v) : u ∈ A and v ∈ B
A0 = u ∈ A : d(u, v) = d(A,B) for some v ∈ B
B0 = v ∈ B : d(u, v) = d(A,B) for some u ∈ A

Dnition 1.9. [17] A subset A of a multiplicative metric space (X, d) is said to be ap-
proximately compact with respect to B if every sequence un of A satisfying the condition
that d(v, un) → d(v,A) for some v in B has a convergent subsequence.

It is evident that every set is approximately compact with respect to itself. If A inter-
sects B, then A ∩ B is contained in both A0 and B0. Further, it can be seen that if A is
compact and B is approximately compact with respect A, then the sets A0 and B0 are
non-empty.

Dnition 1.10. [17] Let A and B be nonempty subsets of a multiplicative metric space
(X, d). A mapping T : A → B is said to be proximal contraction if there exists a non-
negative α ∈ [0, 1) such that, for all u, v, x, y in A,

d(u, Tx) = d(A,B)

d(v, Ty) = d(A,B)


⇒ d(u, v) ≤ d(x, y)α

Dnition 1.11. [17] Let A and B be nonempty subsets of a multiplicative metric space
(X, d). A point x ∈ A is called a best proximity point of a mapping T : A → B if it
satises the condition that

d(x, Tx) = d(A,B).

It can be observed that a best proximity point reduces to a xed point if the underlying
mapping is a self-mapping.

Dnition 1.12. [7] Suppose that S, T are two self-mappings of a multiplicative metric
space (X, d). Then S, T are called commutative mappings if it holds that for all

x ∈ X,STx = TSx.

Dnition 1.13. [7] Suppose that S, T are two self-mappings of a multiplicative metric
space (X, d). S, T are called weak commutative mappings if it holds that for all

x ∈ X, d(STx, TSx) ≤ d(Sx, Tx).

Rmark 1. Commutative mappings must be weak commutative mappings, but the con-
verse is not true.

Dnition 1.14. [1] Let A and B be nonempty subsets of a multiplicative metric space
(X, d). The mappings f : A → B and g : A → B are said to be commute proximally if for
each x, u, v ∈ A

d(u, fx) = d(v, gx) = d(A,B) ⇒ fv = gu.
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2. Main Results

First we dene the following.

Dnition 2.15. Let A and B be nonempty subset of a multiplicative metric space (X, d).
If A0 ̸= ϕ then the pair (A,B) is said to have P−property if and only if for any x1, x2 ∈ A0

and y1, y2 ∈ B0

d(x1, y1) = d(A,B)

d(x2, y2) = d(A,B)


⇒ d(x1, x2) = d(y1, y2).

Dnition 2.16. Let A and B be nonempty subset of a multiplicative metric space (X, d).
An element u ∈ A is said to be common best proximity point of the non-self-mapping
f1, f2, . . . fn : A → B if it satises the condition that

d(u, f1u) = d(u, f2u) = . . . ,= d(u, fnu) = d(A,B).

We prove the following theorems.

Thorm 2.5. Let A and B be non-empty subsets of a complete multiplication metric
spaces (X, d). Moreover, assume that A0 and B0 are non-empty and A0 is closed. Let the
non-self-mappings f, g, S, T : A → B satisfy following conditions:

(1) f, S and g, T commute proximally;
(2) the pair (A,B) has the P -property;
(3) f, g, S and T are continuous;
(4) f, g, S and T satisfy

d(fu, gv) ≤ [maxd(Su, Tv), d(fu, Su), d(Tv, gv),


d(Su, gv).d(fu, Tv)]λ

for all u, v ∈ A and 0 < λ ≤ 1;
(5) f(A0) ⊆ T (A0), g(A0) ⊆ S(A0) and f(A0) ⊆ B0, g(A0) ⊆ B0.

Then f, g, S and T have a unique common best proximity point

Proof. Fix u0 in A0, since f(A0) ⊆ T (A0), then there exists an element u1 in A0 such
that f(u0) = T (u1). Similarly, a point u2 ∈ A0 can be chosen such that g(u1) = S(u2),
continuing this process, we obtain a sequence un ∈ A0 such that

f(u2n) = T (u2n+1) and g(u2n+1) = S(u2n+2)

Since f(A0) ⊆ B0 and g(A0) ⊆ B0, there exists xn ∈ A0 such that

d(x2n, f(u2n)) = d(A,B), d(x2n+1, g(u2n+1)) = d(A,B) (1)

Since the pair (A,B) has P -property, by 1 we have

d(x2n, x2n+1) = d(fu2n, gu2n+1)

≤ [maxd(Su2n, Tu2n+1), d(fu2n, Su2n), d(Tu2n+1, gu2n+1),
d(Su2n, gu2n+1).d(fu2n, Tu2n+1)]λ

≤ [maxd(x2n−1, x2n), d(x2n, x2n−1), d(x2n, x2n+1),
d(x2n−1, x2n+1).d(x2n, x2n)]λ

≤ [maxd(x2n−1, x2n),


d(x2n−1, x2n+1).d(x2n, x2n)]λ

If d(x2n−1, x2n) ≤


d(x2n−1, x2n+1).d(x2n, x2n)]λ, then we have

d(x2n+1, x2n)1−
λ
2 ≤ d(x2n−1, x2n)

λ
2

⇒ d(x2n+1, x2n) ≤ d(x2n−1, x2n)
λ

2−λ

⇒ d(x2n+1, x2n) ≤ dh(x2n−1, x2n) (2)
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where h = λ
2−λ

< 1.
Similarly,

d(x2n+1, x2n+2) = d(fu2n+2, gu2n+1)

≤ [maxd(Su2n+2, Tu2n+1), d(fu2n+2, Su2n+2), d(Tu2n+1, gu2n+1),
d(Su2n+2, gu2n+1).d(fu2n+2, Tu2n+1)]λ

≤ [maxd(x2n+1, x2n), d(x2n+2, x2n+1), d(x2n, x2n+1),
d(x2n+1, x2n+1).d(x2n+2, x2n)]λ

≤ [maxd(x2n+1, x2n), d(x2n+1, x2n+2),
1.d(x2n+2, x2n+1).d(x2n+1, x2n)]λ

If

d(x2n+1, x2n) ≤ d(x2n+2, x2n+1)
λ
2 d(x2n+1, x2n)

λ
2

then we have

d(x2n+1, x2n+2)1−
λ
2 ≤ d(x2n, x2n+1)

λ
2

⇒ d(x2n+1, x2n+2) = d(x2n, x2n+1)
λ

2−λ

⇒ d(x2n+1, x2n+2) ≤ dh(x2n, x2n+1) (3)

where h = λ
2−λ

< 1. Therefore, by 2 and 3, we have

d(xn, xn+1) ≤ dh(xn−1, xn)

≤ . . .

≤ dh
n

(x0, x1).

for all n ≥ 2
Let m,n ∈ N such that m < n, we have

d(xm, xn) ≤ d(xm, xm+1).d(xm+1, xm+2) . . . d(xn−1, xn)

≤ dh
m−1

(x1, x0).d
hm−2

(x1, x0) . . .

≤ dh
n

(x1, x0)

≤ d
hn

1−h (x1, x0)

This implies that d(xm, xn) → 1 as m,n → ∞. Hence xn is a multiplicative Cauchy
Sequence.

Since xn ⊂ A0 and A0 is a closed subset of the complete multiplicative metric space
(X, d), we can nd x ∈ A0 such that limn→∞ xn = u.

By 1 and because of the fact that f, S and g, T commute proximally,

fx2n−1 = Sx2n and gx2n = Tx2n+1.

Therefore, the continuity of f, g, S and T and n → ∞ ascertain that

fx = gx = Tx = Sx.

Since f(A0) ⊆ B0, there exists u ∈ A0 such that

d(A,B) = d(u, fx) = d(u, gx) = d(u, Sx) = d(u, Tx)

As f, S and g, T commute proximally, fu = gu = Su = Tu. Since f(A0) ⊆ B0,
there exists z ∈ A0 such that

d(A,B) = d(w, fu) = d(w, gu) = d(w, Su) = d(w, Tu)
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Because the pair (A,B) has the P -property

d(u,w) = d(fx, gu)

≤ [maxd(Sx, Tu), d(fx, Sx), d(Tu, gu, )


d(Sx, gu).d(fx, Tu)]λ

≤ [maxd(u,w), d(u, u), d(w,w)


d(u,w).d(u,w)]λ

≤ d(u,w)λ

which implies that u = w. Thus, it follows that

d(A,B) = d(u, fu) = d(u, gu) = d(u, Tu) = d(u, Su) (4)

then u is a common best proximity point of the mappings f, g, S and T .
Suppose that v is another common best proximity point of the mappings f, g, S and T , so
that

d(A,B) = d(v, fv) = d(v, gv) = d(v, Tv) = d(v, Sv) (5)

As the pair (A,B) has the P -property, from 4 and 5, we have

d(u, v) ≤ d((u, v)
which implies that u = v. □

Exampl 2.2. Let X = R be a metric space. Dene the mapping

d : X ×X → R+

be as follows

d(u, v) = e|u−v2|

for all u, v ∈ X. Clearly, (X, d) is a complete multiplicative metric space. Let

A = (1, u) : 1 ≤ u ≤ 2
and

B = (1, v) : 1 ≤ v ≤ 3.
Then

d(A,B) = 1, A0 = A,B0 = B.

We consider the mappings

Su =
1

2
u+

1

2
u2, Tu = 2u2 − u, gu = u2, fu = u

for all u ∈ X.

(i) f, S and g, T are commute proximally;
(ii) the pair (A, B) has the P−property;
(iii) S, T, f and g are all continuous mappings;
(iv) f(A0) ⊆ T (A0), g(A0) ⊆ S(A0) and f(A0) ⊂ B0, g(A0) ⊆ B0;
(iv) Let λ = 1

3
according to the inequality of Theorem 2.5:

d(fu, gv) ≤ [maxd(Su, Tv), d(fu, Su), d(Tv, gv),


d(Su, gv).d(fu, Tv)]λ

for all u, v ∈ A. and the conditions of example 2.2, we can know

e|u−v2| ≤ [maxd(Su, Tv), d(fu, Su), d(Tv, gv),


d(Su, gv).d(fu, Tv)]λ (6)

= [maxd(1
2
u2 +

1

2
u, 2v2 − v), d(u,

1

2
u2 +

1

2
u),

d(2v2 − v, v2),


d(

1

2
u2 +

1

2
u, v2).d(u, 2v2 − v)] 13

=


max


e|

1
2
u+v+ 1

2
u2−2v2|, ce|

1
2
u− 1

2
v2|, e|v

2−v|,


e|

1
2
u2+ 1

2
u−v2|.e|u+v−2v2|

 1
3
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Since v = lnu is an increasing mapping, so

(6) ⇔
u− v2

 ≤ max1
3
 1
2
u+ v +

1

2
u2 − 2v2 , 1

3
 1
2
u− 1

2
u2 ,

1

3
 v2 − v , 1

6
 1
2
u2 +

1

2
u− v2 , 1

6
 u+ v − 2v2 .

There are three situations:

(1) u ≥ v2 ≥ 1 or v2 ≥ u ≥ 1;
(2) v2 < u < 1 or u < v2 < 1;
(3) u > 1, v2 < 1 or u < 1, v2 > 1.

No matter what kind of situation, inequality 6 is true. So the inequality of Theorem 2.5 is
also true. Therefore, all the conditions of Theorem 2.5 are satised, then we can obtain
f1 = g1 = S1 = T1, so 1 is a common xed point of f, g, S and T . In fact 1 s the unique
common xed point of f, g, S and T .

Thorm 2.6. Let (X, d) be a complete multiplicative metric space. Let

f, g, S, T : X → X

be given continuous mappings satisfying

d(fu, gv) ≤ [maxd(Su, Tv), d(fu, Su), d(Tv, gv),


d(Su, gv).d(fu, Tv)]λ (7)

for all u, v ∈ X and 0 < λ ≤ 1.
Further, S and T commute with f and g, respectively, and T (X) ⊆ f(X), S(X) ⊆ g(X),
then f, g, S and T have a unique common xed point.

Proof. We take the same sequence xn and x as in the proof of Theorem 2.5. Due to the
fact that S and T commute with f and g respectively, we have

fx2n−1 = Sx2n, gx2n = Tx2n+1

By continuity of f, g, S, T and n → ∞ we have

fx = Sx, gx = Tx (8)

From 7 and using 8, we have

d(fx, gx) ≤ [maxd(Sx, Tx), d(fx, Sx), d(Tx, gx),


d(Sx, gx).d(fx, Tx)]λ

≤ [maxd(fx, gx), d(fx, fx), d(gx, gx),


d(fx, gx).d(fx, gx)]λ

We have

d(fx, gx) ≤ dλ(fx, gx).

Therefore, fx = gx, and fx = gx = Sx = Tx.

We set z = fx = gx = Sx = Tx. Because of the fact that T commutes with g we
obtain

gz = gTx = Tgx = Tz,

and

d(z, gz) = d(fx, gz)

≤ [maxd(Sx, Tz), d(fx, Sx), d(Tz, gz),


d(Sx, gz).d(fx, Tz)]λ

≤ [maxd(z, gz), d(z, z), d(gz, gz),


d(z, gz).d(z, gz)]λ

Therefore, d(z, gz) ≤ dλ(z, gz) and consequently

z = gz = Tz (9)
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Similarly, we can show that

z = fz = Sz (10)

Hence, by 9 and 10 we deduce that z = fz = gz = Sz = Tz. Therefore, z is a common
xed point of f, g, S and T .

In order to prove the uniqueness of the xed point, if possible let p and q be two
common xed points of p = fp = gp = Sp = Tp and q = fq = gq = Sq = Tq but p ̸= q
such that

d(p, q) = d(fp, gq)

≤ [maxd(Sp, Tq), d(fp, Sp), d(Tq, gq),


d(Sp, gq).d(fp, T q)]λ

≤ [maxd(p, q), d(p, p), d(q, q),


d(p, q).d(p, q)]λ

consequently d(p, q) ≤ dλ(p, q) and 0 < λ ≤ 1; then d(p, q) = 1, which is a contradiction.
Therefore f, g, S and T have a unique common xed point. □

Exampl 2.3. Let X = R. Dene the mapping

d : X ×X → R+

by

d(u, v) = e|u−v|

for all u, v ∈ X. It is easy to check that (X, d) is a complete multiplicative metric space.
Let

fu = u, gu =
1

2
u, Su = 3u, Tu = 2u.

(i) S, T, f and g are all continuous mappings;
(ii) f, S and g, T are commutative mappings and T (X) ⊆ f(X) and S(X) ⊆

g(X);
(iii) Let λ = 1

3
according to the inequality of Theorem 2.6:

d(fu, gv) ≤ [maxd(Su, Tv), d(fu, Su), d(Tv, gv),
d(Su, gv).d(fu, Tv)]λ

and the conditions of example 2.3, we can know

e|u−
1
v
| ≤ [maxd(Su, Tv), d(fu, Su), d(Tv, gv), (11)

d(Su, gv).d(fu, Tv)]λ

≤ [maxe|3u−2v|, e|2u|, e|
3
2
v|,


e|2y−x|, e|3u−2v|]λ

= max

e|3u−2v|λ, e|2u|λ, e|

3
2
v|λ, e|2v−u|λ

2 , e|3u−2v|λ
2



Since v = lnu is an increasing mapping, so

(11) ⇔
u− 1

2
v

 ≤ max


 3u− 2v  λ,  2u  λ,  3

2
v  λ,  2v − u  λ

2
,  3u− 2v  λ

2


.

There are three situations:

(1) u ≥ 1
2
v ≥ 0 or 1

2
v ≥ u ≥ 0;

(2) 1
2
v < u < 0 or u < 1

2
v < 0;

(3) u > 0, v < 0 or u < 0, v > 0.

No matter what kind of situation, inequality 11 is true. So the inequality of Theorem 2.6
is also true. Therefore, all the conditions of Theorem 2.2 are satised, then we can obtain
f0 = g0 = S0 = T0 = 0, so 0 is a common xed point of f, g, S and T . In fact, 0 is the
unique common xed point of f, g, S and T .
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Conclusion

The concept of best proximity for two pairs of proximally commuting mappings in a
complete multiplicative metric space is presented in study. Furthermore, it was demon-
strated that some unique common xed point theorems for two pairs of proximally com-
muting mappings in a complete multiplicative metric space.
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